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Givem o sufece M amd o curve C on M. whem con e
Yee:l’.ige, M as the blov—up Nx. oF some surfuce N,
pvith ¢ = T OILY) 7 Cﬂemfa‘t. ecessary conditong are.
thot C  be votmnal and ghat C-C=-1; Tn fuct, the
-)%Iloufn(},,resuﬁzt saye hot  these are ollso suffraemt,

T Since € =P, ond by refening B the defintrn of
the YatromQ hormcg curve, C 7s Yc:ifbhq,@ , I 3.ue9§.
As e sar on Pus, C-C=-l, S )

Cas tel nuovo - Enviques Criterion. Lt M be on ellse braie.
surzaace., CCM o Smeoth vativned curve on M 072
Seff—intwsedtfon -1, Tli% Lheve exists @ Smooth cﬁ-
ée,,kmfc surface N amd & meyp mi M— N Such
that M =N 35 the blow-up of N ot peN. ond
C=w).

Proof.  The pmo{l, here T7s Qﬁon(; the Jines of tho
Kodairas embedding theovem, but with o twisl: we
wamkb t07efno(az MO/}OJC M — ,’Pm thet is ohe 1
one awey from C, maps C to a point, amd has
Shmooth Tma,a,e. A CCoro(fn,gQa, e Jook ,,,-;L’rrrﬁ _for Q
Ame. bundle L —> M  that Sufflicfen/tﬂ(y_  pesikive.
a0y from C  to have ngbc,Q sections, but whose.
Yegtvicton to C i Jﬁﬁvmﬁ.,

To find such o bundle, e start uith a very
»a/mp,Qe,- Aine bundle L on M ; Choosing L SuFF'Crenflf‘]:
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